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faction enjoyed by him will be as large as possible, i.e. the
sacrifice imposed on him will be a minimum, if the tax formula
employed in collecting revenue R allows x to be such that
the marginal utility to him of (x -RJ income is equal to the
marginal disutility to him of producing x income ; i.e. to be
such that <fl?""i -F'fc).    Now, since we have excluded
ax
tax formulae under which the aggregate levy made is smaller
for a larger than for a smaller income, it is evident that no
included formula can cause x to have a larger value than that
yielded by the above equation. Call this value X. It is
further evident that, as between any two formulae yielding
the same revenue R, one of which causes x to have a value
falling further below X than the other, the aggregate satis-
faction enjoyed by the taxpayer must be greater, i.e. his
aggregate sacrifice must be less, under the first formula than
under the second. Thus the merit from the standpoint of
least sacrifice of various tax formulae yielding a given revenue,
a given amount of which is used up by the government, can
be ranged in an order corresponding to the amount of work
that is done, and so income created, under them. This result
is perfectly general and includes the case in which none of
the revenue from the representative taxpayer is used up but
the whole is transferred back in a lump sum to the taxpayer.
In that case, distributional effects being ignored, Rj in our
equation has simply to be written equal to 0.
§ 3. It has not been necessary to our argument to say
anything about the relation between the amount of work
done when some revenue is being raised by taxation and
when none is being raised. Nevertheless, it may be worth
while to add a word about that.
§ 4. When revenue raised by taxation is used, up by govern-
ment it is plain that, with some tax formulae (e.g. a poll-tax),
the taxpayers will do more work than they would do were no
revenue being raised. For with a poll-tax, if they only do
the same amount of work, the marginal utility of the income
left to them mil be larger than the disutility of the work
done in producing the marginal unit of it.1 But with all other
1 In so far as tax revenue is used up by a government in providing people
with things, e.g. elementary education, on which or on substitutes for which
they would otherwise have spent the money now handed over in taxes, the

